For a natural number j, let t,-(«) denote the number of decompositions of « into a product of j factors, where order of the factors is taken into consideration (ti(«) = 1).
Proof. The lemma is obvious in case/=l. Arguing inductively, suppose that i > 1 and assume the lemma in case j = i -l. On the basis of (1.6) with a = 0, one obtains for x^2, We also have by (2.1), using Lemma 1.2, H,*(x) m 23 I Kin) | g E I «(«0 | -Z.I *(»> I r'-1(-)
By partial summation and the absolute convergence of (1.2), the second O-term is seen to be 0(x). Hence one obtains, again using the absolute convergence of (1. Proof. Case 1 (r = l). Define g(n) to be 1 or 0 according as w = l or «>1, so that in (\A), fk(n)=rk(n). The first part of (3.1) follows by Theorem B with a= 1.
Case 2 (r>l).
Place g(«) = l or 0 according as » is or is not an rth power. Then fk-i(n) =Ttr)(n) in (1.4), k>\. The second part of (3.1) is a consequence of Theorem B with a = f(r), and k replaced by jfc-1. 
